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Abstract. A new analytical method for the evaluation of heat capacities of 

semiconductors (GeS, GeSe, GeTe, and SnS) has been proposed using the Einstein-Debye 

approximation. These formulae differ from the Debye model representations and they involve 

a combination of the Einstein and Debye approximations. The proposed method allows 

developing an increasing accuracy for the determination of the temperature dependent heat 

capacities of semiconductors GeS, GeSe, GeTe and SnS. The approach suggested in this study 

for calculation of heat capacities is very well suitable to determine other thermodynamical 

properties of materials. The temperature dependence of heat capacities of GeS, GeSe, GeTe 

and SnS semiconductors has been evaluated and shows a good agreement with literature at 

different temperature ranges. 

Keywords: specific heat capacities; Einstein-Debye approximation; Debye model; 

semiconductors. 
 

 

1. INTRODUCTION  
 

 

The narrow-band-gap IV-VI semiconductors play important roles in scientific and 

industrial applications, including in field-effect transistors, photovoltaic devices and 

photodetectors [1-6]. Since these materials generally have band gaps in the narrow range of 

0.5-1.5 eV, this property makes them effective absorbers for incoming solar radiation [7, 8]. 

Also, it is shown that IV-VI semiconductors have multiple exciton constitutions, which can 

lead to an increase in the efficiency of solar cells. Note that among various materials, the 

layered semiconductors SnS, SnSe, GeS and GeSe have attracted intense attention due to their 

high chemical and environmental stability for photovoltaic cells [9-14]. By considering the 

industrial applications of semiconductors, it is shown that new various accurate analytical 

methods should be developed in the study of thermal properties. A large number of scientific 

articles have been written for the evaluation of the thermal properties of semiconductors, 

including several experimental and theoretical approaches [15-24]. In literature, most of the 

studies suggest that calculations of thermodynamics properties have been investigated by 

using the standard Debye approximation or semi empirical formulae in restricted temperature 

ranges [15-20]. The experimental method was proposed for calculating heat capacities and 

absolute entropies of semiconductors, it also provides obtaining the temperature dependent 

expressions which are derived from the graph quantities, calculated in the paper [16]. In the 

study [9], the temperature dependent thermoelectric properties of single-crystal GeSe have 

been investigated. One alternative synthesis approach was suggested for GeS and GeSe 
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crystals, also their electrical and optical properties were reported in work [1]. In the article 

[18], the heat capacity of crystals (GeTe, SeSe, SnTe, PbS, PbSe, and PbTe) and (GeS, GeSe, 

SnS, GeS2, and SnS2) have been evaluated in the low temperature range by the Debye 

method which is only convenient for the acoustic branches. Also by using the Debye model, 

the calculation results have been presented for the heat capacities of (GeS, GeSe, GeTe,and 

SnS) crystals [19] and other materials [17]. 

Thus, taking into account the analytical Einstein-Debye suggested method [25, 26], 

this paper aims to propose an accurate formulation for the evaluation of the heat capacities of 

semiconductors in the arbitrary temperature range. In recent studies [27-31], successful 

results were obtained for the calculation of the heat capacities of materials using the Einstein-

Debye approach. The new approximation obtained here provides an effective way to 

calculate high and low temperature behavior of the heat capacities of semiconductors. 
 

 

2. BASIC FORMULAS AND EINSTEIN-DEBYE APPROXIMATION 

 
 

Explicit semi-empirical expressions can also be found for heat capacities of 

semiconductors in studies [15, 16, 37] as following forms: 

1. for ,GeS  in the temperature range 220 610T K   

 

                               2 5 2 1 146.5 1.49 10 2.01 10 ( )PC T T JK mol                                     (1) 

 

2. for GeSe  in the temperature range 220 610T K   

 

                              3 5 2 1 150.2 9.60 10 1.87 10 ( )PC T T JK mol                                (2) 

 

3. for GeTe in the temperature range 220 460T K   

 

                                        3 1 145.9 2.22 10 ( )PC T JK mol                                           (3) 

 

4. for SnS  in the temperature range 100 870T K   

 

       3 2 1 1(0.114905(ln ) 1.99273(ln ) 11.6659ln 19.144)( )PC Exp T T T JK mol     .      (4) 

 

To obtain the specific heat capacity at constant pressure and volume, we use the 

formulas presented in Refs. [31, 32], respectively: 

 

                                         0( ) ( ) 1 ( )P V V

m

A T
C T C T C T

T

 
  

 
,                                              (5)  

 

                                          ( ) 3 , ,V A B D EC T N k M T   ,                                          (6) 

 

where 3 1

0 5.1 10A x J K mol  , T is the absolute temperature, 
mT is the melting temperature, 

AN  

is the Avogadro number, 
Bk is the Boltzmann constant, 

D  is the Debye temperature and 
E  is 

the Einstein temperature. By using the Debye-Einstein approximation for the  , ,D EM T    

function, we get an entirely efficient formula as [25, 26]: 
 

                                  , , , ( 1) ,D E V D EM T L T s A T      ,                            (7) 



An analytical technique for … Tural Mehmetoglu 

ISSN: 1844 – 9581 Physics Section 

859 

where s  is the number of atoms in one lattice point and the function  ,V DL T  is determined 

as:  

   , ( 1) 1, .

1
D

D D
V D n

T

n
L T n D

T T
e



 


 
   

 


                                    (8) 

 

Here, the quantity   takes the value 3-5 for alloys and metals. The functions 

( , )nD x appearing in Eq. (8) are the n-dimensional Debye functions [33]: 

 

                                             
0

  ,x =
( 1)

x n

n n t

n t
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x e 


 .                                          (9) 

 

where   takes an integer and non-integer values and 1   corresponds to the Einstein-Debye 

approximation. The function  , EA T   in Eq. (3) is the Einstein function and determined by the 

following formula: 
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As seen from Eq.(7), one of the fundamental problems is an accurate evaluation of n-

dimensional Debye functions. Recently, the general analytical relation for n-dimensional 

Debye functions ( , )nD x is presented in the work [34] as: 
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                         (11) 

 

where N  is the upper limit of series. Here, the functions ( )iF   and ( , )y   are the binomial 

coefficients and incomplete gamma functions defined as, respectively [35-38]: 
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                                               (12) 

and 

                                                        
1

0

( , )

y

ty t e dt     .                                                 (13) 

 

The most general reproduced formulas have been developed in [39] for the accurate 

calculation of incomplete gamma functions. 

 

 

3. RESULTS AND DISCUSSION 
 

 

It should be noted that the problem of the evaluation of theoretical information about 

heat capacities of semiconductors are given approximately by the literatures presentation of 

results in the form of small-scale temperature ranges. The new approach may yield the 

progress of further thermodynamics properties, in particular using a new identity for n 

dimensional Debye functions. 
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We present a new approach for the calculation of the heat capacities of 

semiconductors as a function of temperature using formulas (5) and (7). The all calculations 

were performed in the Mathematica 7.0 program software. The comparison of obtained results 

with well known literature data is given in Figs. 1-4. Considering that most of the applications 

of semi empirical formulae do not have a high deviation from the full analytical methods, we 

conclude that the approximation is useful in the calculation of the heat capacities as an 

alternative to its formulation described by Eqs. (1)-(4)  for practical applications in the given 

temperature ranges. We demonstrate an efficient method for the analytical evaluation of heat 

capacities in a wide range of temperatures. As seen from Figs. 1-4, the evaluation of the heat 

capacities with the Einstein-Debye approach yields convenient results, also could provide a 

new attempt to the calculation of other thermal properties of semiconductors. We believe 

some essential discrepancy with Eqs. (1)-(4) associated with the use of approximate formulas 

in restricted temperature ranges for calculation of heat capacity. The Einstein-Debye method, 

one of the well known new developments in theoretical approaches, has provided more 

accurate results for the evaluation of the thermodynamic quantities of solid materials.  

 

 
 

Figure 1. The temperature dependence of Cp heat 

capacity at constant pressure for GeS 

(Tm = 931K, θD = 360K, θE = 379K). 

 
 

Figure 2. The temperature dependence of Cp heat 

capacity at constant pressure for GeSe 

(Tm = 948K, θD = 280K, θE = 235K). 

 

 
 

Figure 3. The temperature dependence of Cp heat 

capacity at constant pressure for GeTe 

(Tm = 996K, θD = 180K, θE = 140K). 

 

 
 

Figure 4. The temperature dependence of Cp heat 

capacity at constant pressure for SnS 

(Tm = 1155K, θD = 270K, θE = 237K) [38]. 
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4. CONCLUSION 

 

 

In an attempt to find the proposed method for evaluation of the heat capacities have to 

adequately represent the temperature dependence behavior of more matters. It can be 

concluded, on the basis of the results obtained, suggested approach allows us to evaluate the 

heat capacities in the wide range temperature ranges with accuracy and reliability. 

 

 

REFERENCES 

 

 

[1] Vaughn II, D.D., Patel, R.J., Hickner, M.A., Schaak, R.E., Journal of American 

Chemical Society, 132, 1517, 2010. 

[2] Talapin, D.V., Lee, J.S., Kovalenko, M.V., Shevchenko, E.V., Chemistry Review, 110, 

389, 2010.  

[3] Hillhouse, H.W., Beard, M.C., Current Opinion in Colloid & Interface Science, 14, 245, 

2009. 

[4] Sargent, E.H., Advanced Materials, 17, 516, 2005.  

[5] Sargent, E.H., Nature Photonics, 3, 332, 2009. 

[6] Lungu, J., Oprea, C.I., Dumbrava, A., Enache, I., Georgescu, A., Radulescu, C., Ionita, 

I., Cimpoca, G.V., Girtu, M.A., Journal of Optoelectronics and Advanced Materials, 

12(9), 1969, 2010. 

[7] Shi, W., Gao, M., Wei, J., Gao, J., Fan, C., Ashalley, E., Li, H., Wang, Z., Advanced 

Science, 5, 1700602, 2018. 

[8] Ellingson, R.J., Beard, M.C., Johnson, J.C., Yu, P.R., Micic, O.I., Nozik, A.J., Shabaev, 

A., Efros, A.L., Nano Letters, 5, 865, 2005. 

[9] Zhang, X., Shen, J., Lin, S., Li, J., Chen, Z., Li, W., Pei, Y., Journal of Materiomics, 2, 

331, 2016. 

[10] Xu, Y., Al-Salim, N., Bumby, C.W., Tilley, R.D., Journal of American Chemical 

Society, 131, 15990, 2009. 

[11] Yoon, S.M., Song, H.J., Choi, H.C., Advanced Materials, 22, 2164, 2010. 

[12] Makinistian, L., Albanesi, E.A., Journal of Physics: Condensed Matterials, 19, 186211, 

2007. 

[13] Adachi, S., Properties of Group-IV, III-V, and II-VI Semiconductors, Wiley, England, 

2005. 

[14] Parenteau, M., Carlone, C., Physics Review B, 41, 5227, 1990. 

[15] Wiedemeier, H., Siemers, P., Gaur, U., Wunderlich, B., Thermochimica Acta, 27, 223 

1978. 

[16] Wiedemeier, H., Csillag, F., Gaur, U., Wunderlich, B., Thermochimica Acta, 35, 187, 

1980. 

[17] Wiedemeier, H., Pultz, G., Gaur, U., Wunderlich, B., Thermochimica Acta, 43, 297, 

1981.  

[18] Gaur, U., Pultz, G., Wunderlich, B., Wunderlich, B., Journal of Thermal Analysis, 21, 

309, 1981. 

[19]  Eser, E., Koç, H., Mamedov, B.A., Askerov, I.M., International Journal of  

Thermophysics, 32, 2163, 2011. 

[20] Bulat, L. P., Pshenay-Severin, D.A., Ivanov, A.A., Osvenskii, V.B., Parkhomenko, 

Yu, N., Journal of Electronic Materials, 46, 2778, 2017. 



 An analytical technique for … Tural Mehmetoglu 

 

www.josa.ro Physics Section 

862 

[21] Pashinkin, A.S., Malkova, A.S., Fedorov, V.A., Mikhailova, M.S., Inorganic Materials, 

42, 593, 2006. 

[22]  Bevolo, A.J., Shanks, H.R., Eckels, D.E., Physics Review B, 13, 3523, 1976.  

[23] Wunderlich, B., Journal of Chemical Physics, 37, 1207, 1962.   

[24] Rabe, K.M., Joannopoulos, J.D., Physics Review B, 32, 2302, 1985.  

[25] Cankurtaran, M., Askerov, B.M., Physica Status Solidi b, 194, 499, 1996. 

[26] Askerov, B.M., Cankurtaran, M., Physica Status Solidi b, 185, 341, 1994. 

[27] Mamedov, B.A., Nuclear Engineering and Design, 276, 124, 2014. 

[28] Copuroglu, E., AKU Journal of Sciences and Engineering, 16, 517, 2016. 

[29] Dogan, Z., Mehmetoglu, T., Journal of Engineering Physics and Thermophysics, 92, 

1620, 2019. 

[30]  Eser, E., Duyuran, B., Bolukdemir, M.N., Koç, H., Nuclear Engineering and 

Technology, 52, 1208, 2020.  

[31] Mehmetoglu, T., Acta Physica Polonica A, 133, 126, 2018. 

[32] Cifuentes, C., Botero, M., Romero, E., Calderon, C., Gordillo, G., Brazilian Journal of 

Physics, 36, 1046, 2006.  

[33] Landau, L.D., Lifshits, E.M., Statistical Physics, Pergamon Press, London, 1959. 

[34] Guseinov I.I., Mamedov, B.A., International Journal of Thermophysics, 28, 1420, 2007. 

[35] Gradshteyn, I.S., Ryzhik, I.M., Tables of Integrals, Series and Products, Academic 

Press, New York, 1980. 

[36] Copuroglu, E., Physica A-Statistical Mechanics and Its Applications, 555, 124638, 

2020.  

[37] Copuroglu, E., Mehmetoglu, T., Journal of Science and Arts, 2, 523, 2019.  

[38] Guseinov, I.I., Mamedov, B.A., Journal of Mathematical Chemistry, 36, 341, 2004.  

[39] Madelung, O., Semiconductors: Data handbook, 3
rd

 Ed., Springer, 2004. 


